The first part of the paper shows that a sequence of points in the unit disk of the complex plane, tending nontangentially to a point on the unit circle, is an interpolating sequence if and only if the pseudo-hyperbolic distance between any pair of points in the sequence is bounded away from zero. The second part shows that interpolating sequences for bounded analytic functions are also interpolating sequences for normal functions.
does not have +1 as a limit point.
In §2, we shall show a version of Theorem N in terms of pseudohyperbolic metric. And we shall consider the extension of the interpolating problem by functions in H°° to that by normal functions and functions of bounded type in §3. Proof. The necessity can be proved by (1) and we shall show the sufficiency. Suppose that the Stolz angle has its vertex at 1. By Theorem N, if {z"} does not interpolate, there are sequences \mk\ and {«*}, mk^nk, such that (1 -*J/(1 -O -+ 1 and (1 -zmt)/(l -z"J -> 6, \d\ = 1,0¿¿ -1. Suppressing the subscript k and using the equalities (2) z" -zm = (1 -zm) - (1 -zn) and
we obtain
where the first factor on the right of (4) tends to 0 and the second to 1/(14-0).
Hence we obtain inf {^(zn,zm) :m^n) =0. Sincei^(zn, zm) is invariant under a rotation, the condition is sufficient at each point of the unit circle.
License or copyright restrictions may apply to redistribution; see https://www.ams.org/journal-terms-of-use 3. Interpolation by normal functions. In this section, we shall show that interpolating sequences for bounded analytic functions are also interpolating sequences for normal functions. We have not seen any results on either approximation or interpolation by normal functions. As before, we let B(z, S) be the Blaschke product associated with the Blaschke sequence 5 in D. Now we begin to construct F(z) and C7(z). By Lemma 3, there exists an F(z) EH™ such that conditions (a) and (b) hold. On the other hand, there exist/, gEHx such that (5) fit.) = 0, for z" E Su fizn) = 1, for zn E Si, (6) g(z») = 0, for z" E Si, gizn) = Fiz")/wn -1, for zn E S2.
Moreover, let giz) be bounded by M for some M>0. Since /(z) is normal in D, there exists a £, such that 0<£<o and |/(z)| <J for zEU (see [3] ). Choose an integer N>0 such that M<2Ar_1 and let (7) hiz) = ifiz))"giz).
Note that for zG¡7, |/i(z)| ¿ih)N-M<\. Finally, we let G(z) = l + ä(z). It is easy to see from (5), (6) and (7) that Gizn) = 1 for znESi, C7(z") = Fizn)/wn for znES2. Moreover, we have in U, \Giz)\ ^ 1 -| 1 -Giz) |=1-| hiz) | ^ 1 -i = J;
i.e., Giz) satisfied conditions (c) and (d). Hence our proof is complete. Corollary 1. If S = {z"} is a sequence of points contained in a Stolz angle in D, then S is an interpolating sequence for normal functions if and only ifipizm, zn) = ô>Ofor allm^n.
